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Setting Sym mon cloned category Vo 0 I which is

locallybodd eg la pas Ie

If Let I be a class of weights D Men r

Lt M EP V be a Vfunctor we say that M is

Offlat is M coliants commute in V with fo limits

MA E V V is of continuous

If We say that I is sand if K M e V forwhich

MA preserves Of limits of representables then M is fo flat

ii We say that I is weakly sound if K M EMV which
is f continuous effmplete then M is of flat

Tex k Sef Lo fuente categories

H e A1 e set then DI is offlat iff
E is filtered



M E's set is of flat E El M is filtered
M is a felt colint of ofL

Easy Of sound of weakly sound ESet

G Is not true in general eg.IT s.t

Def For any C let De be the free completion of E under
of coliants C E s Ee cenv7

say that of is pushed if K e any X ege
is a f count of elements in E

Note PI is not presaturated while Itu funk categories is

Rep Let of be pusaturated then I is sound it is weaklysound

Examples c 02 4 ay V
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ii VSet 02 20
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Y VeSet Of funk connected categories
Vi U l f p as closed cat of finite weights

Cat I L fun connected cats powersby far 7
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A Vfocally bounded and cartesianclosed K CGTop

I file discret categories is Qtop
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Now Fix U bond and a small weaklysowedclassOf

Def Let K be a cocomplete V category X Ek is f presentable
if K X i k V preserves Of coats say Xe kg
Wesay tha k is locally of presentable if there is E Ekg
small and a strong generator for K C K CenV

conservative

Scott Johnson V is locally prerutable then Candy cons are

small Gaddingabsolute
colunts

Prop Let K be loc of preventable then kg is the candy
completion of a small V cat e e kg

theorem Let K be a Vcategory TF AE

1 K is loc g presentable
2 K e Of Cont E V for some small of complete E
3 Ke Mod S V where S is a of limit sketch
4 K is a f orthogonality class in some Ce V

5 K E CeV7 J preserves Eflat colicuts



Note 5 1 2 73 34 hold forany V

4 75 holds if V is loc bonded Kelly

theorythere is a duality
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morph Fi k L coat t the Candy couple

g flat coat preserving of a small V cat
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Applications

Set Of a small weakly sand class 9 4finite cats

V Vo I is locally 0 presentable as a closed category if

I Vo is loc of presentable

11 A B of printable A BE Vo IEC of

102 fin cats loc fin pus as a closed category Kelly
Set Ab Cat Set IGAb

2Q fin discs categories Vo is a funtary variety t

Set Ab Gab



Ep If V is locally I presentable as a closed category

then Of Of powers by elements in 8 g 7

Is weakly sound in the enriched sense

Pug Let Q be the class of Candy weights then

Q E 01 u S
I split coequalizers

Coy Cauchy completions are small if Kis ep ScottJohnson

Let V be loc portable find a

4
t Vo lo d meta as a bred category

Q E OLÉ
this is mall

So Candy completions are small

Take U Ab Of c funk disor cats 7
so Iab finite direct sums

QE Dab us Q
Q day u s as we knew
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So Gab file direct sums suspensions and

desuspensions 7
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Q file direct sums suspensions and

chsuspensions split coeg as in my
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